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Given a measure µ on the unit sphere ∂Bd in Cd with Lebesgue decomposition
dµ = w dσ+dµs, with respect to the rotation-invariant Lebesgue measure σ on
∂Bd, this talk shall generalise to several variables notions of orthogonal poly-
nomials, Verblunsky coefficients in the unit disc, and an associated Christoffel
function.

We highlight a recurrence relation for the orthogonal polynomials involving the
Verblunsky coefficients (γ0,α)α∈Nd

0
which is reminiscent of the classical Szegő

recurrences, and build these ideas up to a multivariate analogue of the classical
Szegő–Verblunsky theorem: namely, if suppµs is discrete and there exists f ∈
H∞(Bd) with f(0) = 1 and∫

∂Bd

|f(ζ)|2w(ζ)dσ(ζ) ≤ exp

(∫
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)
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)
,

then we show that∏
α∈Nd

0

(1− |γ0,α|2) = exp

(∫
∂Bd

log
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w(ζ)

)
dσ(ζ)

)
.

Time permitting, we shall outline two classes of measures for which these as-
sumptions hold (i.e. for which the multivariate Szegő–Verblunsky theorem
holds) and discuss an example of a weight w lying outside of these classes for
which we can directly verify that

∏
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)
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)
.

This talk is based on joint work with David Kimsey.
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